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In this talk, we consider spline spaces spanned by the scaled translates of box splines on type-2 triangulations of a rectangular domain Ω and quasi-interpolants (QIs) defined as linear combination of such blending functions and coefficient functionals using function evaluations at points lying inside or on the boundary of  Ω.
The main problem consists in finding the coefficient functionals associated with boundary generators (i.e. generators whose supports are not entirely inside the domain) in order to have both the best approximation order and data points inside or on the boundary of Ω. The coefficient functionals are obtained either by minimizing an upper bound of the QI infinity norm or by inducing superconvergence of the operator at some specific points of the domain.
We propose applications to the approximation of scattered data by using two-stage methods and to the numerical solution of integral equations defined on surfaces in R3 by collocation methods.
We also provide comparisons with other known methods.
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